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Department of Mathematics, VSB-Technical University Ostrava, TR. 17 Listopadu,
708 33 Ostrava, Czech Republic
In the article there is a missing assumption n6m in Lemma 1.4. Due to this missing
assumption, one class of disconnected almost self-complementary factors of K˜2n+1;2m+1
with isolated vertices was omitted. The Lemma was stated as follows:
Lemma 1.4. Let F1 be an almost self-complementary factor of K˜2n+1;2m+1 with miss-
ing edge e˜=u0v0 and let u0 be an isolated vertex of F1.Then F1 has no other isolated
vertices.
The correct version of the Lemma is the following:
Lemma 1.4. Let F1 be an almost self-complementary factor of K˜2n+1;2m+1
with missing edge e˜ = u0v0 and let be u0 be an isolated vertex of F1 belonging
to the partite set of order 2n + 1, where n6m. Then F1 has no other isolated
vertices.
The missing case can be treated by another lemma.
Lemma 1.4′. Let F1 be an almost self-complementary factor of K˜2n+1;2m+1 with miss-
ing edge e˜ = u0v0 and let u0 be an isolated vertex of F1 belonging to the partite set
of order 2n+1, where n¿m. Then n=m+1, F1 has exactly 2 isolated vertices and
all isolated vertices of both factors belong to the same partite set.
Proof: Suppose that the partite sets of K˜2n+1;2m+1 are U = {u0; u1; : : : ; u2n} and V =
{v0; v1; : : : ; v2m}. If there are other isolated vertices than u0 in F1, by Lemma 1.3 they
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must belong to U . Suppose these vertices u1; u2; : : : ; ur . Because u1 is adjacent in F2
to all vertices of V , none of the vertices in V ∪ {u1; : : : ; ur} can be isolated in F2.
Hence, all isolated vertices F2 also belong to U and obviously r ¡n.
Let us denote the non-trival component of Fi by F ′i . We now use for the isolated
vertices of F1 the superscript ‘0’ and denote the set of them U 0 ={u00; u01; : : : ; u0r}. For
i=0; 1; : : : ; r we denote the image (u0i ) of an isolated vertex u
0
i in the complementing
permutation  as u′i and (U
0) as U ′. Obviously, U ′ is exactly the set of all vertices
of U having in F1 degree 2m+1 and for every vertex u of the set U ′′=U \ {U 0∪U ′}
it holds that 16degF1u62m.
Because degF1u
′
i=2m+1 for i=0; 1; : : : ; r; it must hold that degF2(u
′
i)=2m+1. Since
there are just r vertices in U which are in F2 of degree 2m + 1, namely u01; · · · ; u0r ,
one of the vertices u′0; u
′
1; : : : ; u
′
r must have its image (u
′
i) in the part of V . Therefore,
for every vertex u ∈ U and every v ∈ V belonging to F ′i it holds that  (u) ∈ V and
 (v) ∈ U , respectively. It follows easily that both parts of F ′1 and F ′2 are of the same
order 2m + 1 and that 2n + 1 = 2m + 1 + r + 1. Ley i be the cycle of  containing
the isolated vertex u0i . As there can be more than one isolated vertex in one cycle, it
is possible that i = j for some i, j.
Let now i, j = 0 and (u0i ; u′1; vi1; ui1; : : : ; vit ; u0j
)
(possibly with u0i =u
0
j ) be a sequence
of vertices of i such that there is no other isolated vertex of F1 between u0i and u
0
j ,
which means that no vertex u0k is equal to uil for 16l6ti− 1. We show that then one
of the vertices vi1; vi2; : : : ; vit is equal to v0.
Suppose to the contrary that none of the vertices vi1; vi2; : : : ; vit is equal to v0. Since
u0i is isolated in F1, u
′
i is isolated in F2 and therefore of degree 2m+ 1 in F1. Hence
degF2vi1 = 2m + 1 and the degree of vi1 in F1 is even and equal to degF2ui1. Thus
degF1ui1 is odd and it holds for every uis; s=1; 2; : : : ; t− 1. At the same time degF1vis
is even for every s=1; 2; : : : ; t1. But then degF2u
0
j=degF1vit is even and clearly u
0
j=u
0
0.
This contradicts our assumption our assumption that j = 0.
Therefore, there can be at most two isolated vertices u0i and u
0
j for i, j = 0 in F1. As
any two of them must be in the respective cycle i or j ‘separated’ by v0 or u00, at most
two such vertices u0i ; u
0
j can belong to one cycle. If u
0
i ; u
0
j really belong to one cycle
i, then i also necessarily contains both f0 and u00 and there can be no other u0k in
another cycle. If there is only one such vertex in a cycle i, namely u0i ; then i contains
necessarily one of v0; u00. Also in this case F1 contains at most two such vertices, u
0
1
and u02, and r62. However, we have shown above that 2n + 1 = 2m + 1 + r + 1.
Therefore, r must be odd, which yields r = 1 and 2n + 1 = |U | = |V | + 2 = 2m + 3,
which completes the proof. .
The correct version of Theorem 1.6 is now the following.
Theorem 1.6. Let K˜2n+1;2m+1 be the almost complete bipartite graph with the parts
U={u0; u1; : : : ; u2n} and V={v0; v1; : : : ; v2m} and the missing edge e˜=u0v0. Let F1 and
F2 be its almost self-complementary factors and  : F1 → F2 the self-complementing
isomorphism. If the factor F1 has no isolated vertices, then it consists of two com-
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ponents, the star K1;m and the graph L2n;m+1 =K2n;m+1 −Kn;1: If F1 contains isolated
vertices, then they all belong to the same part and there is just one non-trivial com-
ponent. If u0 is isolated in F1 and n6m, then n = m,  takes u0 and v0 onto each
other, (U )=V and there is no other isolated vertex in either factor; if n¿m, then
n= m+ 1 and both factors contain 2 isolated vertices.
